
Citation: Zhang, Z.; Zhao, T.;

Meng, Q. A Novel Model of

Counter-Current Imbibition in

Interacting Capillaries with Different

Size Distribution. Energies 2022, 15,

6309. https://doi.org/10.3390/

en15176309

Academic Editor: Hossein Hamidi

Received: 26 July 2022

Accepted: 24 August 2022

Published: 29 August 2022

Publisher’s Note: MDPI stays neutral

with regard to jurisdictional claims in

published maps and institutional affil-

iations.

Copyright: © 2022 by the authors.

Licensee MDPI, Basel, Switzerland.

This article is an open access article

distributed under the terms and

conditions of the Creative Commons

Attribution (CC BY) license (https://

creativecommons.org/licenses/by/

4.0/).

energies

Article

A Novel Model of Counter-Current Imbibition in Interacting
Capillaries with Different Size Distribution
Zhenjie Zhang 1,2, Tianyi Zhao 1,3 and Qingbang Meng 1,2,*

1 State Key Laboratory of Shale Oil and Gas Enrichment Mechanisms and Effective Development, SINOPEC,
Beijing 100083, China

2 School of Earth Resources, China University of Geosciences, Wuhan 430074, China
3 SINOPEC Petroleum Exploration and Production Research Institute, Beijing 100083, China
* Correspondence: mengqb@cug.edu.cn

Abstract: The imbibition phenomenon widely exists in nature and industrial applications. It is of
great significance to study the mechanism of imbibition and the influence laws of related factors. In
this paper, based on the assumption of interacting capillaries, a capillary bundle model of counter-
current imbibition is established. In addition, the characteristics of imbibition and the influences of
capillary size and fluid viscosity are analyzed. The results show that water is imbibed into the smaller
capillaries and expelled from the larger capillaries. The rate of the meniscus in water-imbibition
capillaries is proportional to the square root of time. In the interacting capillaries, oil production by
counter-current imbibition decreases and then increases gradually with the increase of the capillary
diameter difference. When the total cross-sectional area of the capillary remains unchanged, the
cross-sectional area of the total water-imbibition capillaries is affected by the size distribution of the
capillaries. The larger the viscosity of the non-wetting phase, the more uneven the imbibition front,
the lower the imbibition efficiency. The higher the viscosity of the wetting phase, the more uniform
the imbibition front, and the higher the imbibition efficiency.

Keywords: multiphase flow; spontaneous imbibition; capillary pressure; pore size distribution

1. Introduction

The problem of the basic dynamic and static process of porous media imbibition has
always been a hot topic in geothermal, petroleum, coal, and other engineering and scientific
research [1]. In porous media, the non-wetting phase is replaced by the wetting phase
by capillary force; this is called imbibition, and it is a universal phenomenon in many
engineering and scientific fields [2–5]. In the study of multiphase flow in porous media,
imbibition oil recovery is always a very active field [6–8].

Numerous experimental and theoretical studies have explored the underlying mecha-
nisms of imbibition in porous media and demonstrated that the rate and effect of imbibition
are primarily affected by matrix and fluid properties control. Many factors affect the imbi-
bition recovery factor, such as fluid properties, the microstructure of porous media, and
fluid–solid coupling relationship [3,9]. There are many influencing factors of imbibition,
and the imbibition mechanism is complex. As a matter of fact, the oil recovery by imbi-
bition is related to many factors including interfacial tension, [10] pore geometry, [4,8,11]
wettability, [12–15] shape, [16–18] liquid viscosity, [19–23] relative permeability, [21,24], and
matrix boundary conditions [25–28]. The imbibition rate mainly depends on the fluid prop-
erties, rock properties, and the interaction between the rock–fluid [29]. Twenty years ago,
Morrow and Mason reviewed the development of spontaneous imbibition and summarized
the work of spontaneous imbibition in the 20th century [30]. They considered different
wettability could affect different imbibition forms in different rock areas. Zhou et al. [31]
believed that the capillary imbibition mechanism was an important basis for evaluating the
wettability kinetics of brine/oil/rock systems. Xie and Morrow [32] presented that change
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in wettability leaded to a decrease in capillary force and an order of magnitude decrease
in imbibition rate. Many factors affect recovery by spontaneous imbibition, which is the
condition to understand the influence of wettability on imbibition. Many studies have
shown that initial water saturation, fluid, and rock interactions affect rock wettability [33].

As a significant parameter, fluid viscosity affects oil production rate and oil recov-
ery [34,35]. Ma and Zhang et al. found that the residual oil had no significant change
when the oil–water viscosity ratio was 1–170 by imbibition experiment. Using limestone
samples, Hamidpour et al. [36] obtained similar results. Chatzis et al. [37] found that the
imbibition rate decreased as the wet-phase viscosity increased and the final oil recovery
was similar. Meng et al. [38] conducted imbibition experiments using porous media made
of different fillers. It was found that final imbibition recovery rate of porous media filled
with a more regular shape and a small particle size distribution was much higher than that
filled with irregular shape and large particle size distribution. In porous media filled with
regular shape and small particle size distribution, oil–water viscosity had no significant
effect on the final recovery. However, in another porous medium, with the increase of
oil–water viscosity, the imbibition recovery decreased obviously. Moreover, Meng et al. [19]
proposed that different rock pore structures and pore size distributions in porous media
are the reasons for different final recovery factors.

Imbibition characteristics as well as the influence of pore structure and fluid char-
acteristics at different scales have been studied, which are the key to solving the effect
of imbibition in engineering and guiding practice. In porous media, the topology of the
pore structure is complex, and the flow between different pores interferes with each other.
Dong [39] proposed a dual-capillary ideal connectivity model, assuming unimpeded flow
between capillaries in the single-phase region. Ruth and Bartley [40] improved this theory
to allow cross-flow with no pressure drop (“perfect cross-flow”) between many tubes.
Dong [41] deduced the fluid model and water fraction expression of two capillaries model
with different diameters interacting with each other and established a model for analyzing
immiscible displacement processes in porous media by interacting capillary bundles. It is
found that the imbibition effect of the model is completely consistent with the experimental
results, which further verifies the accuracy of the interaction capillary model. Dong [42]
compared the displacement curves of interacting and non-interacting capillary bundle
models. The effects of capillary force, injection rate, and oil–water viscosity ratio on the
propulsion of oil–water meniscus in different capillaries were calculated. Unsal [43–45]
used non-axisymmetric tubes to illustrate the basic principles of imbibition in tubes, verify-
ing the accuracy of the ideal interacting capillaries model.

As mentioned above, many scholars have performed a lot of work on the mechanism
and influencing factors of imbibition. However, due to the complex internal mechanism of
imbibition, many influencing factors, and the complex pore structure of porous media, the
imbibition mechanism between different pores is complex, and the imbibition mechanism
under different pore distributions is unclear. The models proposed by predecessors cannot
handle counter-current imbibition in the porous media [39–42]. Therefore, in this paper,
based on the previous work on co-current imbibition, an interacting capillary model
considering different size distributions is established to study the complex imbibition
mechanism of porous media with different pore size distributions. The novel model can
describe the mechanism of counter-current imbibition fundamentally and efficiently. In
addition, the effect of capillary size distribution and fluid viscosity on counter-current
imbibition was studied as well.

2. Mathematical Model and Numerical Calculation

In this work, it is assumed that the front of the wetting phase exists only on one side
of the capillary. The effect of gravity was ignored and the parallel connection of three
capillaries was considered. The diameter of the capillaries is different. The schematic
diagram of the model is shown in Figure 1. In this model, the line represents the boundary
of two capillaries, and the dashed line indicates that the capillaries are connected to each
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other. If the fluid in the two capillaries is the same, there is no pressure difference between
the two capillaries on the same section. The solid line represents that the interface fluid
cannot pass through. The model is divided into three zones. The pressure distribution and
water or oil saturation is different in different zones. In zone 1, water saturation is highest,
thus, the gradient of pressure drop in water is lowest and gradient of pressure drop in
oil is highest. The water saturation and pressure distribution can be analyzed similarly
as well, as showed in Figure 1. The oil phase will flow out from the largest capillary, and
the capillary back pressure is pc1. This paper simulates the process of minimal capillary
imbibition to the bottom.

Figure 1. Schematic diagram of fluid distribution and pressure distribution in reverse imbibition of
three interacting capillaries. “i” represents the inlet of capillary model and e represents the end of
capillary model. δ1, δ2, and δ3 are the diameters of the three capillary tubes.

According to the distribution characteristics of the fluid, the capillary model divides
the imbibition process into three regions by the imbibition front in the capillaries. It
is assumed that the single-phase in any capillary is controlled by the Hagen–Poiseuille
expression [40]:

Qα =
πδ4

128µα

dPα
dx

(1)

where Q is the flow rate of fluid in different capillaries, δ is the diameters of the capillary, µ
is viscosity for different flow, P is pressure in fluid, x is the distance, α represents the phase.
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The flow in each region is governed by the following expressions, which are obtained by
summing the flows in the capillaries in the region, separately by phase (Figure 1):

Qw1 =
π(Pwi − Pw1)

128µwL1
(δ4

2 + δ4
3) (2)

Qo1 =
π(Poi − Po1)

128µoL1
δ4

1 (3)

Qw2 =
π(Pw1 − Pw2)

128µw(L2 − L1)
δ4

3 (4)

Qo2 =
π(Po1 − Po2)

128µo(L2 − L1)
(δ4

1 + δ4
2) (5)

Qo3 =
π(Po2 − Poe)

128µo(L− L2)
(δ4

1 + δ4
2 + δ4

3) (6)

where Qw1 and Qw2 are the flow rate wetting phase, m3/s; Qo1, Qo2, and Qo3 are flow
rate of the non-wetting phase, m3/s; µw and µo are the wetting phase, and non-wetting
phase fluids, Pa s; Pw and Po are the pressures of the wetting and non-wetting phases at
the imbibition front, Pa; Pwi is the inlet pressure of the wetting phase, Pa; L is the capillary
length, m; L1 and L2 are the distance between the imbibition front and the inlet end of the
wetting phase, m; δ1, δ2, and δ3 are the diameters of the five capillary tubes, m.

The relationship between capillary pressure and oil–water two-phase pressure is:

Pcj = Poj − Pwj (7)

where Pcj is capillary pressure, Pa; Poi is the non-wetting phase pressure near the imbibition
front of the j capillary, Pa; Pwi is the wetting-phase pressure near the imbibition front of the
j capillary, Pa; j is the capillary code, which is equal to 1, 2, or 3.

Capillary pressure can be expressed as:

Pcj =
4σ cos θ

δj
(8)

where σ is the interfacial tension, N/m; θ is the contact angle.
Through the continuity equation, the total flow in each zone can be obtained:

Qt = Qwj + Qoj (9)

The imbibition model is obtained by modeling the continuity equation, and Equations (2)–(9)
are simultaneously obtained:

Qt
L1

λo1 + λw2 + λw3
− λo1

λo1 + λw2 + λw3
(Pc1 − Pc2) = Pwi − Pw1 (10)

Qt
L2 − L1

λo1 + λo2 + λw3
− λo1 + λo2

λo1 + λo2 + λw3
(Pc2 − Pc3) = Pw1 − Pw2 (11)

Qt
L− L2

λo1 + λo2 + λo3
− (Pc3 − Poe) = Pw2 (12)

where
λαj =

π

128µα
δ4

j (13)

This set of four equations contains eight unknowns: Qt, Pwi, Pw1, Pw2, Poe, L1, L2, L3.
This system of equations will allow for two boundary conditions. These are usually Qt, Pwi,
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as well as Poe, all possibly as a function of time. Given two of these quantities, the third
quantity can be obtained by summing the governing equations:

Qt

[
L1

λo1+λw2+λw3
+ L2−L1

λo1+λo2+λw3
+ L−L2

λo1+λo2+λo3

]
− λo1

λo1+λw2+λw3
(Pc1 − Pc2)

− λo1+λo2
λo1+λo2+λw3

(Pc2 − Pc3)− Pc3 + Poe = Pwi
(14)

In the next step, the distance can be calculated as follows.

Lj
′ = Lj + ∆Lj · dt (15)

where ∆Lj is the format of the expression,

∆Lj =
dLj

dt
=

4(Qwj −Qwj+1)

πδ2
j

(16)

For the present paper, the size of a time step (dt) was calculated as the interval required
for the fluid in the most advanced interface to move a given distance ∆L. The specific
flowchart is shown in Figure 2.

Figure 2. Flowchart of three capillary model calculations. Pwj is the wetting-phase pressure near
the imbibition front of the j capillary, Qwj is the flow rate of wetting phase in j capillary, Lj is the
advancing distance by water in j capillary.
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3. Results and Discussion
3.1. Parameter Values and Characteristics of the Base Case

In this paper, the imbibition mechanism of the interacting capillary model is first
analyzed. Then, the influence of the capillary size distribution and fluid viscosity on
counter-current imbibition is analyzed. For the basic model, the initial boundary condition
is Qt = 0 m3/s, Pwi = 0 Pa to define the model as spontaneous imbibition. Other specific
parameters are shown in Table 1.

Table 1. Basic parameters of the three interaction capillary models.

Parameters Values Parameters Values

L (Core Length) 0.1 m σ (Interfacial Tension) 32 mN/m
δ1 (NO. 1 Capillary Diameter) 60 × 10−6 m θ (Contact Angle) 0
δ2 (NO. 2 Capillary Diameter) 40 × 10−6 m L1 (L1 Initial Value) 0.00001 m
δ3 (NO. 3 Capillary Diameter) 20 × 10−6 m L2 (L2 Initial Value) 0.00002 m
µw (Wetting Phase Viscosity) 1 mPa·s dt (Time Step) 0.00001 s

µnw(Non-wetting Phase Viscosity) 1 mPa·s

It can be seen that the advancing distance of the imbibition front of the small capillary
is always larger than that of the large capillary model (Figure 3), and the difference between
the advancing distances of the two capillaries has been increasing with imbibition. The
results of the model are consistent with the lattice Boltzmann method (LBM) on counter-
current imbibition [46–48]. It is found that the minimum capillary imbibition rate V3 is
always greater than the second capillary imbibition rate V2 (Figure 4). The imbibition
rate is related to the pressure difference of the imbibition front, the radius of the capillary,
and the distance of imbibition. The pressure difference of the imbibition front is a fixed
value, and the radius of the capillary is also a fixed value. These factors determine that V3
is greater than V2. In addition, the imbibition speed is related to the displacement. The
advancing distance of the imbibition front gradually increases, and the resistance increases,
which leads to the gradual decrease of the advancing speed of the imbibition front.

Figure 3. Variation of the imbibition front of two smaller capillaries.
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Figure 4. Variation of the advancing rate of two smaller capillaries.

3.2. Effect of Capillary Size Distribution

The imbibition recovery factor is calculated by dividing oil production by total oil
when the water in the smallest capillary reached the end of capillary. It can be seen that
the amount of imbibition decreases and then increases gradually with the increase of the
capillary diameter difference, and the imbibition amount is the smallest at 15 µm (Figure 5).
This is because the difference between the imbibition fronts in the two advancing capillaries
gradually increases with the increase of the difference of capillary diameter during the
imbibition process, and the phenomenon of imbibition fingering is becoming more and
more obvious. When the minimum capillary imbibes to the bottom end, the advancing
distance of the imbibition front of the other capillary becomes shorter and the imbibition
amount decreases.

Figure 5. Relationship between imbibition recovery factor and capillary size distribution.
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The amount of imbibition is related to the imbibition distance and the size distribution
of the capillary. Therefore, the imbibition effect first becomes worse and then becomes better.
The imbibition time first decreases and then increases with the increase of the uniformity of
the capillary size (Figure 6). This is because the imbibition time depends on the time when
the smallest capillary reaches the bottom of the capillary. The capillary imbibition time is
related to the size of the capillary and the energy of the capillary imbibition; that is the
pressure difference. When the capillary size distribution range is large, on the one hand,
as the capillary size difference decreases, the difference between the minimum capillary
imbibition pressure and the maximum capillary back pressure decreases, which leads to a
decrease in the imbibition rate; on the other hand, the increase in the size of the smallest
capillary leads to an increase in the imbibition rate. The decrease of capillary imbibition
time is the result of two factors. However, with the further decrease of the capillary size
difference, the imbibition pressure difference further decreases, and the increase of the
minimum capillary diameter has little effect on the imbibition rate. Therefore, the imbibition
time showed an increasing trend.

Figure 6. Relationship between imbibition time and capillary size distribution.

3.3. Effect of Viscosity

The influence of viscosity is observed by changing the non-wetting phase viscosity
when the wetting phase viscosity is 1 mPa·s (Figures 7 and 8). With the increase of the non-
wetting phase viscosity, the imbibition recovery factor becomes lower and lower. The trend
of decreasing imbibition amount is slowed down when the non-wetting phase viscosity is
greater than 100 mPa·s. The imbibition time increases with the viscosity of the non-wetting
phase. The difference between the capillary imbibition fronts is small as the viscosity of
the non-wetting phase becomes small, and the interface of the imbibition front is relatively
uniform. Therefore, the imbibition effect is better and the imbibition amount is high. This
is because imbibition always chooses a way with less energy consumption to advance
in the capillary. The longer the wetting phase fluid in the small capillary, the greater
the energy consumption. Since the non-wetting phase viscosity is lower, the resistance
is lower, so the imbibition time is shorter. As the viscosity of the non-wetting phase
increases, the imbibition fingering phenomenon becomes more obvious, and the imbibition
effect becomes worse. When the non-wetting phase viscosity increases to a certain value,
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imbibition amount does not decrease. This is because the main imbibition amount comes
from the imbibition of the smallest capillary, the effect of the reduced imbibition amount of
the remaining capillaries is not obvious.

Figure 7. Oil recovery factor of different non-wetting phase viscosities of three interacting capillaries.

Figure 8. The positions of menisci of different non-wetting phase viscosities of three interacting capillaries.

In addition, the influence of non-wetting phase viscosity is studied by changing the
number of capillaries. It is found that the non-wetting phase viscosity increases, the
imbibition distance of other capillaries becomes smaller, and the heterogeneity of the
imbibition front becomes worse when the smallest capillary imbibes to the bottom end
(Figure 9). As the viscosity of the non-wetting phase increases, the imbibition time increases.
This is because the increase of non-wetting phase viscosity leads to the increase of viscous
force. Therefore, the increase of imbibition resistance increases the time of imbibition.
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Figure 9. The positions of menisci of imbibition capillaries under different non-wetting phase
viscosities (µw = 1 mPa·s).

The effect of the viscosity of the wetting phase is studied when the viscosity of the
non-wetting phase is 10 mPa·s, and the results are shown in Figures 10 and 11. As the
viscosity of the wetting phase increases, the amount of imbibition increases. When the
wetting phase viscosity is greater than 10 mPa·s, the amount of imbibition increases slowly,
and the imbibition time increases. The difference between the capillary imbibition fronts is
large when the viscosity of the wetting phase is small, and the fingering phenomenon of
the imbibition front is obvious. Therefore, the imbibition effect is poor, and the amount
of imbibition is low. This is because the imbibition always chooses away with less energy
consumption to advance in the capillary. The energy consumption of imbibition in the
small capillary is small. Therefore, the imbibition in the small capillaries is fast, resulting
in a larger difference between imbibition fronts and a lower imbibition recovery. Due to
the lower viscosity of the wetting phase, the imbibition resistance is smaller. Thus, the
imbibition time is shorter. As the viscosity of the wetting phase increases, the imbibition
fingering phenomenon weakens and the imbibition effect becomes better. When the
wetting phase viscosity increases to a certain value, the imbibition effect does not increase
significantly. This is because the energy is mainly consumed in the wetting phase fluid and
is negligible in the non-wetting phase fluid.

In addition, the influence of the viscosity of the wetting phase is studied by changing
the number of capillaries. It is found that as the viscosity of the wetting phase increases, the
imbibition distance of other capillaries becomes larger when the smallest capillary imbibes
to the bottom end, and the heterogeneity of the imbibition front becomes better (Figure 12).
The imbibition time increases with the increase of wetting phase viscosity. This is because
the increase of wetting phase viscosity leads to the increase of viscous force. Therefore, the
increase of imbibition resistance increases the time of imbibition.
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Figure 10. Oil recovery factor of different wetting phase viscosities of three interacting capillaries.

Figure 11. The positions of menisci of different wetting phase viscosities of three interacting capillaries.

In order to analyze the effect of viscosity ratio on imbibition, different viscosity ratio
schemes of 0.1, 1, and 10 are designed, respectively. The imbibition results are shown in
Figure 13. When the viscosity ratio is constant, the oil amount of imbibition is a certain
value, which has nothing to do with the wetting or non-wetting viscosity. The viscosity
only affects the rate of imbibition. When the viscosity ratio is small, the amount of oil
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imbibition is higher. With the increase of viscosity ratio, the amount of imbibition decreases
gradually (Figure 14).

Figure 12. The positions of menisci of imbibition capillaries under different wetting phase viscosities
(µnw = 1 mPa·s).

Figure 13. Oil recovery factor under different viscosity ratios (M = µnw/µw is 0.1 (blue), 1 (green),
10 (red).
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Figure 14. Diagram of the viscosity ratio of the imbibition amount of three interacting capillaries.

4. Conclusions

In this work, an interacting capillary model of counter-current imbibition is established.
In addition, it can describe the mechanism of counter-current imbibition more simply,
clearly, and efficiently. The mechanism of counter-current imbibition in capillaries with
different size distributions is studied. The following conclusions can be obtained.

1. In the interacting capillary model, the wetting phase always preferentially enters the
small capillaries. The pressure of the imbibition fronts during the imbibition process
is fixed, and it is related to the capillary size and fluid properties. The advancing
distance of the imbibition front is proportional to the square root of time.

2. The capillary size distribution has a complex impact on the counter-current imbibition.
The amount of imbibition decreases and then increases gradually with the increase of
the capillary diameter difference.

3. The imbibition efficiency decreases, and the imbibition time increases gradually with
increasing the non-wetting phase viscosity. As the viscosity of the wetting phase
increases, oil production by imbibition increases and the imbibition time increases
gradually. The amount of imbibition is the same under the same viscosity ratio. The
amount of imbibition decreases gradually with the increase of the viscosity ratio.
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