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Abstract: This paper presents a comparative analysis of six sampling techniques to identify an
efficient and accurate sampling technique to be applied to probabilistic voltage stability assessment
in large-scale power systems. In this study, six different sampling techniques are investigated and
compared to each other in terms of their accuracy and efficiency, including Monte Carlo (MC), three
versions of Quasi-Monte Carlo (QMC), i.e., Sobol, Halton, and Latin Hypercube, Markov Chain MC
(MCMC), and importance sampling (IS) technique, to evaluate their suitability for application with
probabilistic voltage stability analysis in large-scale uncertain power systems. The coefficient of
determination (R2) and root mean square error (RMSE) are calculated to measure the accuracy and
the efficiency of the sampling techniques compared to each other. All the six sampling techniques
provide more than 99% accuracy by producing a large number of wind speed random samples
(8760 samples). In terms of efficiency, on the other hand, the three versions of QMC are the most
efficient sampling techniques, providing more than 96% accuracy with only a small number of
generated samples (150 samples) compared to other techniques.

Keywords: probabilistic techniques; uncertainty modelling; voltage stability; wind power generation

1. Introduction

Power system stability has gained more attention in modern power system analysis
due to the increased penetration of intermittent renewable energy sources (RES) and the
operation of the electricity markets. For the economic operation of the power systems, the
network has been operated close to its voltage stability boundary [1,2]. This has arisen
from the growing usage of distributed generation of RES, and the intrinsic heterogeneity
of grid loads, which increases the number of uncertainties in power system networks [3].
The intermittency of the RES coupled with the variability of system loads can increase the
risk of voltage instability. The variability presented by the RES and system loads is not
considered in the traditional deterministic stability analysis, where the worst-case scenario
is usually considered for system behavior prediction [4,5]. Therefore, probabilistic voltage
stability analysis considering a wide range of the variability of the system parameters is
imperative in power system planning and operation [6]. Hence, the probabilistic method
can accurately provide a better reflection of the actual system behavior by explicitly tak-
ing into account the uncertainties of the system parameters and stochastic variability in
parameters, disturbances, and operating conditions [7,8].

The probabilistic technique aims to develop the operational uncertainties of a system
in order to demonstrate the system behavior over a wide range of possible scenarios. The
techniques generally emphasis the computational efficiency and accuracy of the desired
uncertain variables. In the literature, various probabilistic techniques have been utilized
for probabilistic voltage stability analysis, including Monte Carlo (MC) simulation [2,9–12],
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Quasi-Monte Carlo (QMC) [13,14], maximum entropy method [1,15], probabilistic colloca-
tion method [16,17], and cumulants method [1,18]. Apart from these, the point estimate
method [19] and sequential MC method [20] have also been used in power system studies.

Although MC is the most widely used benchmark method for probabilistic simulation,
it requires a higher number of simulations and computational time to obtain the actual
system response with various uncertainties in the power system network [21,22]. Thus, MC
is not considered efficient in large systems with many uncertain parameters, particularly
for high-resolution dynamic studies [21,22]. In order to overcome the drawbacks of MC,
various probabilistic techniques have been independently applied. For instance, QMC is
used to model the wind power uncertainties [13] and electric vehicle characteristics [14] for
voltage stability analysis. The maximum entropy method is used to represent the wind
power uncertainties [1] and load variations [15] in large-scale power systems. Furthermore,
the probabilistic collocation method [17] and the cumulant method [1] are also used to
model the wind power uncertainties for voltage stability analysis. On the other hand, in
the absence of any renewable generation into the network, probabilistic techniques are
used to model the load variations [18] and uncertainties in the power oscillation damping
controller [16]. However, these studies do not comparatively measure the efficiency and
accuracy of probabilistic methods. Thus, it is essential to identify efficient sampling
techniques to accurately assess the influence of the uncertainties in the network and their
impact on probabilistic voltage stability analysis.

This paper, for the first time, presents a comparative analysis of probabilistic tech-
niques to identify an efficient and accurate sampling technique to be applied to probabilistic
voltage stability analysis in large-scale power systems. The intermittency of the wind gen-
eration and uncertainties in system loads over a year are considered as input variables of
the sampling techniques. Six widely used probabilistic techniques, including MC, three
variants of QMC, MCMC, and importance sampling (IS) technique, are compared in terms
of their efficiency and accuracy. The IEEE-39 bus network connected with three wind farms
is utilized to demonstrate the most efficient and accurate probabilistic technique for the
voltage stability analysis. The PV-curve analysis is conducted in DIgSILENT PowerFactory
software to determine the loadability of the system. The coefficient of determination (R2)
and root mean square error (RMSE) are calculated to measure the accuracy of the sampling
techniques.

The main contribution of this paper can be highlighted as three key points, which
include:

• Implementing six sampling techniques with significantly various computational prin-
ciples to generate accurate uncertainties of wind speed in the sample dataset.

• Evaluating the accuracy (coefficient of determination (R2) and root mean square error
(RMSE)) and efficiency (number of simulation) of applied sampling techniques for
modelling uncertainties of wind speed sample data generation.

• Identifying the most accurate and efficient sampling technique in order to probabilisti-
cally analyze the voltage stability, considering a wide range of uncertainties in wind
speed sample dataset to be applied in large-scale power systems.

The rest of the paper is organized as follows. Section 2 delineates a theoretical analysis
of the probabilistic voltage stability and the probabilistic techniques; Section 3 demonstrates
the uncertainty modeling and the research methodology, followed by simulation results
and discussion in Section 4, and finally, conclusions will be presented in Section 5.

2. Theoretical Analysis of Probabilistic Voltage Stability and Efficient
Sampling Techniques
2.1. Voltage Stability

Voltage stability is an essential aspect of power system stability, and it will be sig-
nificantly affected by the natural variability of wind power generation. Voltage stability
refers to the ability of system voltages to recover and maintain the acceptable voltage
range following a contingency in the power grid [23]. During a voltage instability event
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driven by a small perturbation, voltage declines progressively in a busbar, in a small area
of a network, or the whole network, and then it quickly decreases and subsequently col-
lapses [24]. Consequently, the power system operations are significantly affected. Voltage
stability issues are typically observed in highly loaded power networks. A variety of
causes contribute to the voltage stability issues, such as reactive power deficit due to the
limitations in generators while increasing the load demand [25,26], and malfunction in
voltage control devices [26]. The P-V curve method is an accurate and most widely used
method in assessing voltage stability. The loadability (or load margin, which will be used in
this paper interchangeably), is considered as the voltage stability index [27]. The loadability
presents the maximum active power capability prior to the voltage collapse [23].

2.2. Probabilistic Voltage Stability

The probabilistic method can present a much more realistic view of the expected
system behavior and a more reliable and accurate prediction of the static and dynamic
system response [7,8]. Figure 1a,b shows the P-V curve and the probabilistic loadability of
the critical busbar for 8760 simulations (representing hours of the year) by considering the
wind speed and system load uncertainty. It can be observed from Figure 1a that the knee
point of the P-V curve can be strongly affected (6500 MW to 7800 MW) by the variation of
the wind speed (from 0 to 14 ms−1) and the load of the system (5% variation with respect
to the mean value), which influences the loadability of the power network. These results
clearly show the importance of considering the uncertainties in the power network and
their impact on voltage stability.

Figure 1. Probabilistic voltage stability results obtained from 8760 Monte Carlo simulations by considering the uncertainties
in the power network: (a) the P-V curve; (b) histogram of the system loadability.

2.3. Probabilistic Sampling Techniques
2.3.1. Monte Carlo (MC) Simulation

The MC is the most widely used method for probabilistic simulations. This simulation
model works by compiling a large data set of uncertain parameters from a given system.
This dataset is built by sampling variables and provides the probability distribution of an
unknown variable, and this function is known as an output probability density function.
This type of simulation defines the possible input parameters for a given system, sample
random data out of those inputs, and process them in order to provide output results. As
the whole method depends on the sampled data, the accuracy of this simulation increases
with an increase in the number of samples and simulations [28,29]. The MC method has
been applied in different aspects of power systems stability applications, such as voltage
stability [9,10], frequency stability [30,31], transient stability [32,33], and small-disturbance
stability [19].
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The MC method, since it is based on a numerical solution, requires a large number
of repeated samples to accurately represent the stochastic behavior of uncertain system
variables. To determine a sufficient number of the MC in order to obtain the accurate result,
the stopping rule is applied as described in the following equation [34].

ε =

∅−1
(

1 − δ
2

)
.
√

α2(x)
N

X

 (1)

In [1], ε is considered to be the sample mean error, the ∅−1 is the standard inverse
Normal probability distribution with a zero mean and one standard deviation value. α2(x)
is the variance of the random samples, X is the mean of the random samples, and δ is the
required confidence interval.

The calculated error of voltage stability vs. the number of MC simulations is shown
in Figure 2 (by considering 95% and 99% confidence intervals). It can be seen clearly
from Figure 2 that the sample mean error of the load margin is decreased by increasing
the number of simulations. Accordingly, to obtain an acceptable result with less than 2%
error for both intervals, 2000 simulations must be performed for the MC method. This
means that by running a couple of thousands of MC simulations, an accurate result can
be obtained. However, running a smaller number of MC simulations (i.e., a few hundred)
may not provide an accurate and acceptable result. Hence, if the number of simulations is
required to be low for a large power system, the MC method may not be appropriate, and
some other more efficient methods may provide better results.

Figure 2. The accuracy vs. efficiency curve of the voltage stability shows the sample mean error of
voltage stability against the number of simulations for 95% and 99% confidence intervals.

2.3.2. Quasi-Monte Carlo (QMC) Method

The basic principle of this method is very similar to the standard MC. The differences
occur in the creating of data samples. The standard MC method samples the variables
or parameters which are equally probable while QMC samples equidistant samples. The
QMC involves the usage of low discrepancy sequences, such as Sobol, Halton, and Latin
Hypercube sequences. The basic simulation requirements involve a description of the
system inputs in terms of expectation, standard deviation, third and fourth moments,
correlation matrix, and the length of the desired low-discrepancy sequences. Based on the
above-mentioned parameters, the simulation generates a uniform distribution sequence
and performs analysis on variables obtaining numerical results for the uncertainty of distri-
butions [35,36]. The QMC approach has been employed in different power systems studies,
including small-disturbance stability [35] and probabilistic optimal power flow [36].

In this study, Sobol, Halton, and Latin Hypercube sampling techniques have been
implemented. The 150, 300, 1000, and 8760 generated random samples of the MC method
(pseudorandom), and QMC method (Sobol, Halton, and Latin hypercube) are shown in
Figure 3. Figure 3 can clearly show the difference between the random samples generated
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by the MC and QMC, which indicates that the QMC random samples are based on equally
distributed sequences and have more uniform behavior, whereas the MC produces random
number samples based on nonuniformly distributed behavior throughout the whole space.
It is evident from Figure 3 that when a large number of samples (such as 1000 to 8760) are
generated both MC and QMC techniques cover the full searching space, but for a small
number of samples, QMC (i.e., Sobol and Halton) coverage of the searching space is more
uniform and may provide better results.

Figure 3. 150, 300, 1000, and 8760 random samples of MC method and three versions of QMC method (Sobol, Halton, and
Latin hypercube).

2.3.3. Marcov Chain MC (MCMC) Method

The MCMC method is typically employed when a target distribution is difficult to
sample directly. To compensate for this, the MCMC takes samples from the probability
distribution by constructing a Markov Chain with the target distribution, which can be
used to sample the desired distribution. The accuracy of this method also increases with an
increase in the size of samples taken at each step. The rest of the procedure for this type of
simulation is very similar to the MC, which is applying the deterministic approach to the
data and then analyzing it. However, the MCMC improves its performance by eliminating
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the sample generation step of the standard MC method. The main steps to generate
random samples by using the MCMC are as follows: initialization of random starting
sample, generation of points based on the adopted distribution, repetition of sampling
until convergence, and obtaining desired distributions and target variables [7,37]. In this
study, the slice sampling technique is used to produce the MCMC sample dataset [38].
The MCMC method has been used in different power systems studies, including voltage
stability enhancement [39] and transient stability evaluation [40].

2.3.4. Importance Sampling (IS) Technique

The IS technique can be considered as the MC method in which a proposal distribution
is employed in order to calculate the importance weight of the distribution. This can assist
in resampling the generated random samples based on their importance weight. By
considering the f(x) as the target distribution, g(x) as the proposal distribution, and w(x)
as the importance weight, the IS sample can be generated by the following steps [41]: (1)
drawing random samples from the proposal distribution (g(x)), (2) determining the size
of the samples and then calculating their probability for each sample, (3) calculating the
importance weights, which is equal to f(x)/g(x), and (4) resampling the dataset based on the
importance weight. The IS technique has been applied in various power systems studies,
including small-disturbance stability [21], power system security [42], and reliability [43].

Some other sampling techniques have not been considered in this study, such as spatio-
temporal kriging and analog approaches [44], polynomial chaos expansion [45,46], graph-
based convolution networks [47], multi-channel ARMA models [48], dynamic uncertainty
sets [49], and universal kriging models [50]. These sampling techniques are extensive
in implementation complexity and computational cost and remain an ongoing area of
research concerning their appropriateness for application in probabilistic voltage stability
analysis by explicitly taking into account the inherent variability of system loads and the
intermittent nature of the RESs.

2.4. Goodness-of-Fit Measures

Various goodness-of-fit measures can be applied to evaluate the accuracy of the
selected appropriate sampling techniques. In this study, the R2 and RMSE measures are
implemented to identify the most efficient sampling technique to be used for probabilistic
voltage stability analysis. The R2 and RMSE values can be calculated by using (2) and (3),
respectively [51].

R2= 1 − ∑n
i=1 (xi − yi)2

∑n
i=1 (xi − zi)2 (2)

RMSE =

√
∑n

i=1 (xi − yi)2

n
(3)

zi =
1
n

n

∑
i=1

xi (4)

In (2) and (3), i is the index value, where i equals 1, 2, 3, . . . , n, and n is the size of the
dataset, xi, and yi are the reference data and generated samples, respectively. The zi is the
mean value of reference data, which can be calculated as described in (4).

3. Research Methodology and Uncertain Modelling
3.1. Research Methodology

The proposed methodology of this research is shown in Figure 4, which can be divided
into two separate sections, which involve: (1) generating wind speed random samples
from the six sampling techniques, and (2) analyzing the system loadability by performing
continuation power-flow for the reference sample and the generated samples that follow
the six sampling techniques. To achieve the main objective, the MC method is applied
to generate 8760 samples, which are considered to be the reference dataset, to represent
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the actual wind speed data. Various sampling techniques are implemented to generate
random samples with different sizes to be compared with the reference data to identify
an accurate and efficient sampling technique to be used for probabilistic voltage stability
analysis. These sampling techniques include MC, three versions of QMC, Markov Chain
MC (MCMC), and Importance Sampling (IS) technique. The generated samples are used to
perform the continuation load flow to plot the P-V curve for the critical busbar, and then,
the PDF (probability density function) of the system loadability for the reference samples
and the generated samples with a different number of samples are plotted. Finally, based
on the RMSE and R2 values of the generated samples, and the system loadability, the most
accurate and efficient sampling techniques are identified.

Figure 4. The flowchart of the proposed research methodology of this study.

3.2. System Description

A modified version of the IEEE-39 bus network with three wind farms is used in
this study for probabilistic voltage stability simulation (data of this network can be found
in [52]), which is presented in Figure 5. The integration of the RES is simulated by us-
ing three wind farms, which are connected to the system busbars 30, 34, and 37. Three
synchronous generators of this network are replaced by wind farms, and the total contri-
bution of the wind farms is considered to be approximately 20% of the total generation
capacity of the system. In this study, two major software platforms, which include MAT-
LAB and DIgSILENT PowerFactory, are employed to perform the probabilistic voltage
stability analysis.
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Figure 5. The IEEE-39 bus network integrated with three wind farms.

3.3. Uncertainty Modelling
3.3.1. System Loads

Power system loads are changing continuously, and they are modelled as an uncertain
parameter. The Normal distribution is typically applied to represent the uncertainty of
loads. Consequently, it is used in this study to model the variation of the system loads,
which is considered to be 5% of the mean of the Normal distribution. This variation
describes the system load forecasting error that happens over 24 h [34].

3.3.2. Wind Farms

In this research, the hourly wind speed dataset for one year is collected from Northolt
in the UK [53]. The wind farms, located at system busbars 30, 34, and 37, are fed with the
wind speed datasets modelled by using the Weibull distribution, which is commonly used
in the literature to represent the wind speed variation [2,54]. The Weibull distribution is
presented in (5), and the scale and shape parameters are k = 4.31 and c = 1.84, respectively.

f (x; k, c) =
k
c

( x
c

)k−1
e−( x

c )
k

(5)

4. Simulation Results and Discussion
4.1. Generating Samples from Different Sampling Techniques and Comparing them with the
Reference Dataset

The accuracy of the MC method is increased by increasing the number of simulations,
as shown in Figure 2. Therefore, the reference dataset is considered to be generated by the
MC method with 8760 samples. This large number of simulations provides an accurate
result to be compared with the six sampling techniques that are employed to generate
wind speed dataset with different sizes in order to identify the most efficient and accurate
sampling technique. Figure 6 presents the actual wind speed data fitted to the Weibull
distribution. It can be observed from Figure 6 that the Weibull distribution provides a good
representation for the actual wind speed data.

Moreover, the PDF of the wind speed datasets generated by the six sampling tech-
niques with different sizes, including 150, 300, 1000, and 8760, compared to the reference
data (represented by the solid blue line) is shown in Figure 7. In terms of accuracy, it
can be seen from Figure 7 that the accuracy of each sampling technique is increased, and
particularly rapidly increased in the MC and MCMC methods, by increasing the number
of the generated samples to represent the reference dataset. This observation is expected
since increasing the number of the generated samples can lead to covering the entire space,
especially for the MC, as presented in Figure 3. This result can be clearly observed in
Figure 7d, which shows that all the sampling techniques ideally represent the reference
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dataset. This result has been validated by calculating the RMSE and R2 values, which show
that the RMSE values are decreased, and the R2 values are increased for each technique by
increasing the number of sample generations, as shown in Figure 8.

Figure 6. The Actual wind speed data fitted to the Weibull distribution.

Figure 7. The PDF of the wind speed datasets generated by the six sampling techniques compared to the reference data:
(a) 150 samples; (b) 300 samples; (c) 1000 samples; (d) 8760 samples (cover the number of hours of the year).

In terms of efficiency, on the other hand, it can be observed from Figure 7a, b that the
accuracy of sampling techniques (by considering fewer samples 150, 300) is different from
one technique to another. The three versions of the QMC method, including Sobol, Halton,
and Latin hypercube, are the best efficient sampling techniques representing the reference
data compared to the other techniques. This result is also confirmed with the RMSE and R2

values, as presented in Figure 8. The lowest value of the RMSE and the highest value of
the R2 will assist to determine the most efficient and accurate sampling technique. This
observation is reasonable since the three versions of the QMC method are produced low-
discrepancy samples, which are distributed uniformly to cover the entire space with only
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fewer samples in comparison to other sampling techniques, such as the MC method, which
produces random number samples throughout the entire space nonuniformly (as shown
in Figure 3). This is why the MC method cannot be considered as an efficient method,
and therefore, it is practically not suitable to be utilized in reality for a lower number of
simulations.

Figure 8. The (a) RMSE and (b) R2 values of 150, 300, 500, 1000, and 8760 generated samples from the six sampling
techniques compared to the reference dataset. (Accuracy is higher with lower RMSE and higher R2 values).

Overall, the three versions of the QMC method are the most efficient sampling tech-
niques representing the reference data, followed by the importance sampling technique. In
contrast, the MCMC and MC provide the worst representation for the reference dataset
with fewer samples’ generation, respectively.

4.2. System Loadability Analysis

In order to confirm the most efficient and accurate sampling technique generation,
as discussed above, to use in the probabilistic voltage stability analysis, the continuation
power flow has been performed in DIgSILENT PowerFactory software for the reference
dataset (8760 samples) and the sample datasets with different sizes that are generated by
applying the six sampling techniques. Figure 9 shows the PDF of the system loadability for
150, 300, 1000, and 8760 simulations by applying the six sampling techniques compared
to the reference data. Moreover, the RMSE and R2 values of the system loadability for a
different number of simulations compared to the reference dataset are shown in Figure 10.

It can be seen from Figure 9 that the accuracy of the sampling techniques is improved
by increasing the number of simulations. By performing the continuation power flow for a
large number of wind speed datasets (8760 samples), it can be noticed that all the sampling
techniques follow the obtained result of the reference dataset accurately, as presented in
Figure 9d. This observation has also been verified by low RMSE and high R2 values for
the six sampling techniques, as shown in Figure 10, which is consistent with the previous
result presented in Figures 7 and 8.

On the other hand, to identify and validate the most efficient sampling techniques
(as mentioned above in Section 4.1), the continuation power flow has been performed for
fewer random sample generations (150 and 300 samples). It can be seen from Figure 9a,b
that the three versions of the QMC method provide the closest and the most acceptable
results that follow the reference data in comparison to other techniques. Conversely, the
MCMC and MC present the most unsatisfactory representation for the reference dataset,
respectively. This result can be verified from Figure 10, which shows that the three versions
of the QMC method have the lowest RMSE values and the highest R2 values in contrast
to other sampling techniques for the 150 and 300 random samples. This result is further
consistent with the RMSE and R2 values that are shown in Figure 8.
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Figure 9. The PDF of the system loadability by using the six sampling techniques compared to the reference data:
(a) 150 simulations; (b) 300 simulations; (c) 1000 simulations; (d) 8760 simulations (cover the number of hours of the year).

Figure 10. The (a) RMSE and (b) R2 values of 150, 300, 500, 1000, and 8760 simulations of the system loadability with the six
sampling techniques compared to the reference dataset.

Overall, all of these sampling techniques can be employed to analyze the probabilistic
voltage stability assessment; however, some of them, such as MC and MCMC, cannot
be applied in a realistic large-scale power system since they require a large number of
simulations to provide an accurate and acceptable result. On the other hand, the three
versions of the QMC method are efficient and accurate, and therefore, they can be utilized
for a realistic and large-scale power system.

Figure 11 presents the R2 values of the generated wind speed samples by using the six
sampling techniques and the system loadability based on the generated datasets against
the number of the samples. This figure clearly shows the accuracy vs. efficiency of each
sampling technique and a comparison among them, in order to identify the suitability of
each method that can be employed to generate wind data samples and perform power
system voltage stability studies.
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Figure 11. The R2 values vs. the number of the samples for (a) the generated wind speed, and (b) the
system loadability by using the six sampling techniques.

It can be seen from Figure 11a that the accuracy of generating random wind speed data
is about 76%, 77%, 91%, and 96% for MCMC, MC, IS, and QMC techniques, respectively,
for 150 samples. The accuracy increases for all methods with the increase in the number of
simulations and reaches 90%, 95%, 97%, and 99% for MCMC, MC, IS, and QMC techniques,
respectively, for 500 samples. The accuracy of all methods becomes almost saturated above
3000 simulations and is shown to be 97.5%, 98.5%, 98.5%, and 99.5% for MCMC, MC, IS,
and QMC techniques, respectively. The same trend is also evident from Figure 11b.

Moreover, it can be observed from Figure 11 that if the number of samples is too low
(<500), then the accuracy of the methods varies, and some results are not acceptable. On the
other hand, if the number of samples is high (>1500), the performances of the methods are
good, but the higher number of simulations could be a barrier for applying these methods
to large-scale networks.

From these results, it can be concluded that the three versions of the QMC method,
which include Sobol, Halton, and Latin hypercube, and the importance sampling technique
are the most efficient sampling techniques, respectively. In contrast, the MCMC method
(followed by the MC) provides the lowest efficient sample datasets for representing wind
speed data. This conclusion is expected, as the QMC methods produce random samples
with low-discrepancy sequences, which are based on uniformly distributed sequences.

Overall, the dataset generated by applying the QMC method can lead to an accurate
and acceptable result with fewer generated samples than other sampling techniques. On
the other hand, the MC and the MCMC require a large number of simulations to provide
accurate and satisfactory results, which need more than 2000 simulations to obtain 97%
accuracy, as can be seen from Figure 11. This requirement limits the applicability of
these methods and renders them almost impossible to be employed for a large-scale
power system.

5. Conclusions

The paper presented a comparative analysis to identify efficient and accurate sampling
techniques, to evaluate their appropriateness for probabilistic voltage stability analysis
in large-scale power systems since the traditional MC method is time-consuming and
computationally expensive. Accordingly, various sampling techniques were implemented,
including MC, three versions of QMC (Sobol, Halton, and Latin Hypercube), MCMC, and
importance sampling techniques. The continuation power flow was performed in the
IEEE-39 bus network to validate the suitability of the most efficient and accurate sampling
techniques for probabilistic voltage stability analysis based on the RMSE and R2 criteria.

The obtained simulation results indicate that the accuracy of the six sampling tech-
niques is increased by increasing the number of random samples based on the wind speed
generation analysis. Additionally, by producing a large number of random samples, the six
sampling techniques perfectly followed the reference data. This has also been shown by
the voltage stability simulation.
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In terms of efficiency, on the other hand, the obtained results show that the three
versions of the QMC are the most efficient and accurate sampling techniques that provide
a better representation by producing fewer random number samples for the reference data.
In contrast, the MCMC (followed by MC) provides the worst generated sample datasets to
represent the reference data with fewer samples based on wind speed analysis, which is
further confirmed by the system loadability analysis.

This research enables more informed determinations to be made when choosing
an efficient sampling technique for probabilistic voltage stability analysis in large-scale
uncertain power systems, and especially for performing high-resolution dynamic studies.
Additionally, the three versions of the QMC could be utilized in other aspects of power
system stability, security, and reliability prevention studies in large power system networks.
Finally, the development and implementation of novel efficient sampling techniques is an
ongoing area of research concerning their appropriateness for application in probabilistic
voltage stability analysis.
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