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1. Introduction

The paper contains a summary of successful invited papers addressed to the Special Issue
on ‘Numerical Heat Transfer and Fluid Flow’, which were published in 2021 in the scientific
journal ‘Energies’. Invitations were addressed to specialists from all over the world who deal
with mathematical modeling, simulations, and experiments on heat and/or fluid flow. The
submitted papers regarded the solution of problems of scientific and industrial relevance in a
specific field of heat transfer and fluid transportation, including natural resources, technical
devices, industrial processes, etc. Papers addressed to the Special Issue not only solved
specific engineering problems, but served as a catalyst on future directions and priorities in
numerical heat transfer and fluid flow. Most papers dealt with heat transfer in single-phase
flow of air, in particular technical devices, while part of them regarded liquid and solid–liquid
flows. Reliable predictions require reliable measurements; therefore, the majority of the papers
presented experimental data and validation of mathematical models.

The importance of heat and fluid flow is still growing in all aspects of our lives, starting
from nature and ending with industrial processes. In the era of digital transformation,
which includes converting any process into a quantified format suitable for analysis, there
is an increasing demand for modeling, simulations, and experiments on heat exchange in
fluid flow for a variety of single and multiphase flows, and also boundary conditions [1].
Thanks to computational fluid dynamics and its commercial packages, especially Ansys,
we can design and optimize various industrial processes. The increasing understanding of
heat and mass transfer phenomena has contributed significantly to the development of new
methods and techniques for solving and effectively managing many engineering processes.

Formulating any problem of prediction of heat transfer and/or fluid flow requires
developing a physical model first. The next step is developing a mathematical model
which fulfills the assumptions stated in the physical model and defines boundary and
initial conditions. The mathematical model should be based on general governing equa-
tions, like continuity, Navier-Stokes, and energy equations. The equation set can be solved
analytically—which is complicated and impractical—or numerically. If numerical methods
are considered, we can use approaches like direct numerical simulation (DNS), for instance.
Such a method is time-consuming, expensive, and not practical for many engineering ap-
plications. Other methods like, for instance, modelling of turbulence, which uses random
averaged Navier-Stokes equations (RANS), or large eddy simulation (LES) were proved
for a variety of engineering applications and are less time consuming and less expensive;
however, the set of equations require closure. The problem of closure requires additional
equation or equations, like those proposed by turbulence models. Requirements for turbu-
lence models, formulated by the honorable founder of computational fluid dynamics (CFD),
that is, Dudley Brian Spalding, are the following: universality, economy, extensionality, and
reality [2,3]. The ability to simulate heat transfer and/or fluid flow, which includes velocity,
pressure, and temperature distributions, for engineering purposes, remains one of the main
challenges in CFD.
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Considering the heat exchange between a transported fluid and the surrounding, we
recognize methods and techniques focused on the enhancement of heat transfer, named
passive or active. Passive methods, such as increasing heat transfer area and/or tempera-
ture difference, shaping an insert with dedicated perforation, or mechanically deformed
pipes, have been studied for several years and have become commercial solutions [4–9].
Active methods, such as air injection, bubble or vortex generation, or proper pulsation, can
lead to increased heat transfer coefficient, and, finally, can produce increased heat transfer
process [10–13]. Some of such methods have been demonstrated by contributors to the
Special Issue.

2. Review of Contribution to the Special Issue

The improvement of heat transfer by the use of ribs has been studied for several
decades. It is known that the pitch and shape of the rib, the angle of attack of the rib,
and the coefficient of channel blockage have a significant effect on heat transfer [14]. Joon
Ahn et al. [15] made the LES simulation of the dependence of conjugate heat transfer in a
ribbed channel on the thermal conductivity of the channel wall. The authors noted that for
such a case, RANS underpredicts heat transfer and does not accurately predict local peaks,
while the same predictions using LES give more accurate results. The authors considered
a channel wall with a thickness three times the height of the rib. Starting points for their
mathematical model were continuity, Navier-Stokes, and energy equations in 3D form,
which were transformed to dimensionless governing equations. The authors assumed that
the flow is fully developed with periodic boundary conditions in the stream direction. All
simulations were performed for 10,000 time steps to reach a steady state. The simulations
were positively validated with the available data available in the literature. On the basis of
the simulations, the authors analyzed the conjugate heat transfer characteristics in a ribbed
channel. The authors made simulations in a wide range of conductivity ratios between
the gas turbine blade material and air. Taking into account the results of simulations
of time-averaged temperature and heat transfer distribution, they analyzed whether the
mechanism responsible for promoting heat transfer under pure convection conditions is
valid for a variety of conductivity ratios. The authors concluded that if the conductivity
ratio between the solid wall and the fluid exceeded 100, the heat transfer characteristics
were similar to those under isothermal conditions, and the vortices at the corners of the
ribs strongly influenced the convective heat transfer. For a conductivity ratio below 100,
vortices located in the corners played an important role in heat transfer [15]. The authors
concluded that the ‘thermal resistance of the solid wall of the channel to convective heat
transfer was observed in the turbulent flow regime’ [15].

Heat pipes have been extensively developed for some decades. The main advantages
are no moving parts, high reliability, and fair efficiency. Working fluid transport exists
naturally, does not require energy input, and can transfer heat for significant distances.
Recently, heat pipes heat exchangers have gained popularity in heat recovery applications
such as air conditioning, dehumidifiers in air conditioning systems, technological processes,
etc. [16]. Górecki et al. [17] conducted experimental and numerical studies on heat pipe
heat exchangers with individually finned heat pipes. The authors conducted a study on
modeling, design, and experiments on a heat pipe heat exchanger comprised of individually
finned heat pipes utilized as a recuperator in small air conditioning systems with airflow
between 300 m3/h and 500 m3/h. Using the available algebraic correlations, the authors
developed a thermal heat pipe heat exchanger model. Based on their previous research,
they used R404A refrigerant as a working fluid. The mathematical model consists of a set
of algebraic equations and semi-empirical functions. On the basis of parametric studies,
the authors concluded that 20 rows of finned heat pipes in the staggered arrangement
guarantee stable heat exchanger efficiency equal about 60%. The authors emphasized
that the designed heat pipe heat exchanger made of an individually finned heat pipe
bundle is a competitive choice to the continuous plate-finely alternative. On the basis
of the parametric studies, the authors designed and then constructed the heat exchanger.
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Measurements made on the experimental rig were referred to the predictions made by
the mathematical model, and they noted that the relative difference was about 10%. In
accordance with the authors statement, the method can improve a heat pipe heat exchanger
efficiency significantly. Future research should focus on intensifying heat transfer by using
turbulators in an individually finned tube bundle located between heat pipes [17].

Recent interest in the liquefaction of natural gas, which occupies only 1/600 of its
volume, is due to the fact that it is easier and more economical to transport and store [18–20].
Some researchers stressed that ‘the development of small-scale energy in the coming years
is expected to be associated with the widespread use of liquefied natural gas, which is
recognized as one of the most promising types of energy carriers’ [21]. By taking into
account the real thermophysical properties of the gas, Avramenko et al. [21] analysed the
method for solving steady-state natural convection of van Der Waals gas near a vertical
heated plate. The authors proposed a novel simplified form of equations in analytical form
for real gases, enabling the estimation of the effects of the dimensionless van der Waals
parameters on the normalized heat transfer coefficient and Nusselt number. Using the
integral method for the momentum and energy equations, they obtained an approximate
analytical solution. The authors demonstrated changes in heat transfer intensity, which are
due to effects that are considered by the van der Waals equation of state, but not by the
ideal gas equation [21].

Some research is developing a fluidic oscillator. The fluid oscillator usually has two
feedback channels and does not possess moving parts and can improve aerodynamics,
such as lift forces, mixing processes, and heat transfer, for instance [22]. Kim and Kim [23]
studied numerically a fluid oscillator with a bent outlet nozzle. The authors analyzed the
influence of various mounting conditions, such as the arrangement and installation angles
of the fluidic oscillator in the range from 0◦ to 40◦, on the characteristics of the oscillator
with and without external flow. The authors performed analyses for air which has been
treated as an ideal gas. They considered 3D unsteady RANS equations with a shear stress
transport turbulence model. The authors used an Ansys commercial CFD software. They
concluded that the pitch angle of fluidic oscillators had the most sensitive effect on the flow
control [23].

The construction of tube heat exchangers is complex. Cross-thin metal sheets, tubes,
and fin pitches, with different sizes and numbers of rows, cause the complexity of fluid
flow [24]. Usually, each row operates in a different way, which has an effect on the level of
turbulence. For these reasons, the characteristics of tube heat exchangers are determined
mainly experimentally. Marcinkowski et al. [25] presented a method to determine indi-
vidual correlations for the air side Nusselt numbers on each row of tubes for a four-row
finned heat exchanger with continuous flat fins and round tubes in a staggered tube layout.
The authors’ method was formulated using CFD modelling; however, the description of
the model is limited. The authors concluded that their approach enables the selection of
the optimum number of tube rows for a given heat output of the heat exchanger. The
authors stated that the approach allows the reduction of investment costs of constructing
heat exchangers by decreasing the tube row number. In addition, operating costs can be
reduced as a result of reducing air pressure losses [25].

The increase in efficiency of flow machines dedicated to the transport of gases is
mainly associated with blade impeller and labyrinth seals. This is especially important if
high-power generating machines are considered. Liang et al. [26] proved that a 1% increase
in seal-tooth clearance height causes a significant decrease in multistage axial compressor
performance and efficiency. Some researchers are using CFDs to design seals of higher leak
tightness. Joachimiak [27] proposed a method of aerodynamic sealing to reduce leakage
by matching the seal geometry to the flow. The authors considered a staggered labyrinth
seal for steady flow conditions. The method contains CFD predictions assuming that the
air is an ideal gas. The author used the RANS method for calculations with the k-w SST
turbulence model for 2D axisymmetric geometry. His calculation domain consisted of
354,000 elements. The author considered two approaches, that is, changed and unchanged
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seal height. The author concluded that the newly designed geometry reveals an almost
stable relative reduction in the leakage rate, irrespective of the pressure ratio upstream
and downstream of the seal [27]. His conclusions require validation. However, such
measurements are complex and difficult to perform.

High battery costs, which contribute more than 40% of the total price of electrical
vehicles, and high charging and discharging rates, variable frequency of charging, and
finally battery packing, a proper cooling system and safety, make research in this field
very desirable [28]. Widyantara et al. [29] made an approach to optimize the design of the
lithium-ion battery pack for electric vehicles to meet the optimal operating temperature
using an air-cooling system by modifying the number of cooling fans and the inlet air
temperature. A 3D numerical model of the packing of the 74 V and 2.31 kWh batteries and
CFD simulations based on the lattice Boltzmann method have been applied. Furthermore,
the authors developed a battery thermal management system based on consideration
of temperature distribution and power consumption. The authors concluded that three
cooling fans with 25 ◦C inlet air temperature gave the best performance, with low power
required. The authors’ findings could be helpful in developing a standardized battery
packing module and in designing low-cost battery packing for electric vehicles. The
authors emphasized that in future work, an investigation is recommended on the effect of
employing variable speed for cooling fans and a study on structural strength and water
protection for air conditioning systems [29].

In recent years, we have observed interest in developing new oil-cooled motors with
high power density, low vibration and noise, strong overload capacity, and high efficiency.
Such oil-cooled motors require modern heat exchangers with an enhanced heat transfer
process. The most typical liquid used in oil-cooled motors is oil, which is relatively cheap
and emphasizes long service life. Some researchers are using vortex generators in radiators
to improve overall heat transfer performance [30]. Junjie Zhao et al. [31] performed a
numerical study on the influence of the vortex generator arrangement on the enhancement
of heat transfer in oil-cooled motors. The authors carefully formulated a physical model,
and then developed a mathematical model that constituted continuity, momentum, and
energy equations. The closure problem was solved using the standard k-ε turbulence model.
The set of equations for the 2D case was solved using the commercial software Fluent. They
performed grid-independent tests concluding that the grid number equal to 6,850,000 is
sufficient for simulations. Validation of the mathematical model, which includes frictional
coefficient and Nusselt number, is limited, which is due to the fact that the numerical results
were compared with other numerical predictions available in the literature. To increase the
heat transfer coefficient, the authors studied the influence of an attack angle of the vortex
generator. The authors concluded that for a single pair of rectangular vortex generators,
the attack angle equal to 45◦ gives the best results in enhancing heat transfer [31].

The water hammer phenomenon can lead to pipeline system failures; however, such a
phenomenon depends on the material of the pipeline [32]. Steel pipes are better recognized
in the literature, while viscoelastic pipelines are less. Kubrak et al. [33] made experiments
and predictions on hydraulic transients in a viscoelastic pipeline system with sudden
cross-sectional changes. The authors focused on high-density polyethylene pipelines. The
authors investigated the influence of sudden cross-sectional changes in a high-density
polyethylene pipeline system on pressure oscillations during the water hammer phe-
nomenon. The authors recorded pressure changes downstream of the pipeline system
during a valve-induced water hammer. They formulated a mathematical model which
constitutes the continuity and momentum equations for non-steady and one-dimensional
flow. A set of transient flow equations for a polymeric pipe was numerically solved using
the MacCormack explicit method. The authors concluded that for high mass flow rates, the
jet frequency increases with the bending angle; however, at a bending angle equal to 40◦,
the oscillation of the jet disappears. The authors also observed that the effect of external
flow on the frequency increases with the increase of the bending angle. The predicted
numerical pressure fluctuations showed satisfactory agreement with their measurements
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in terms of both phase and amplitude. The authors noted that more work needs to be done
to study the use of the water hammer in variable property pipeline systems. Future studies
should also focus on simulating the water hammer in serially connected pipes with various
inner diameters and made of different materials [33].

Saving energy is a main goal of engineers. This includes, for instance, fluid transporta-
tion and control of hydraulic systems. Controlling and adjustment of hydraulic elements,
such as valves, pumps, receivers, etc., is one of the possible ways which effect the efficiency
of such systems [34]. In hydrostatic systems, efficiency can be improved in a number of
ways, depending on whether the system features fixed or variable displacement pumps. For
example, in the system with fixed displacement pumps controlled by the throttle method,
the main approach is to limit the operation of the safety valve. Bury et al. [35] performed
simulations and experiments with control signals of various shapes and feedback from the
hydraulic system. The authors analyzed the pressure at the pump inlet and outlet, the flow
rate, and the rotational speed of the hydraulic motor as functions of time. The authors built
a simple mathematical model taking into account the Hagen-Poiseuille equation for laminar
flow and the Bernoulli equation for turbulent flow. The model constitutes a continuity
equation at particular points in the hydraulic circuit and the equilibrium equation of torque
on the shaft of the hydrostatic motor. In accordance with the authors statement, their
method of modelling the opening characteristics of the proportional spool valve allows us
to optimize the start-up process in terms of the execution of the objective function for the
parameters like, for instance, start-up time, reaction time, or energy efficiency of the system.
On the basis of the analyses, the authors concluded that the maximum pressure value at the
inlet port of the hydraulic motor during its start-up can be modified by adjusting the shape
of the proportional spool valve (symmetrical, asymmetrical). This solution also reduces the
noise caused by the transmission during start-up and reduces the load on elements of the
transmission, which extends its operational life [35].

Thermal conductivity is essential when rapid changes in temperature occur in some
parts of mechanical machines. This phenomenon exists in mechanical face seals, especially
during startup [36]. Błasiak [37] performed an analysis of heat transfer for non-contact
mechanical face seals using the variable order derivative approach. The author proposed
a physical and next mathematical model for noncontact mechanical face seals for the
conduction of heat from the liquid film in the gap to the rotor and the stator, followed by
convection to the water surrounding them. The author used a variable-order derivative
time fractional model to describe heat transfer. His equation of heat transfer depends on
time and was solved analytically; however, the characteristic features of the equation were
determined through numerical simulations. The objective of the study was “to compare the
results of the classical equation of heat transfer with the results of the equations involving
the use of the fractional order derivative”. Author concluded that his method allows one
to predict the heat transfer phenomena occurring in non-contacting face seals, especially
during the startup. The author emphasized that his mathematical approach, which is based
on the fractional differential equation, is suitable to develop more detailed mathematical
models for similar phenomena [37].

It is well known that cavitation is a dangerous process that affects pipelines and flow
machines [38]. Urbanowicz et al. [39] conducted research on modeling transient pipe flow
in plastic pipes with a modified discrete bubble cavitation model. In the physical model
of unsteady pipe flow, they assumed the importance of three phenomena: unsteady wall
shear stress, vaporous cavitation, and pipe wall retarded strain. The authors considered
plastic pipelines characterized by the retarded strain (RS) that occurs on the wall of these
pipes. Using the convolution integral of the local derivative of pressure and the creep
function that describes the viscoelastic behavior of the pipe wall material, they calculated
the RS. The authors formulated the equations of a discrete bubble cavity model by using
the continuity equations for the gas and liquid phases separately, and the momentum
equation for two-phase vaporous cavitation. They transformed the set of partial differential
equations into a set of ordinary differential equations. The authors concluded that the
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modified unsteady discrete bubble cavity model allows one to simulate the pressure and
velocity waveforms in which vapor areas appear as a result of the cavitation phenomenon
in plastic pipes. Such a model seems to be suitable for complex networks, such as water
supply, oil hydraulics, heating, etc. The authors noted that the comparison of computed
results with measurements showed that the novel discrete bubble cavity model predicts
pressure and velocity waveforms, including cavitation and retarded strain effects, with
sufficient precision. The authors noticed that the influence of unsteady friction on the
damping of pressure waves was much smaller than the influence of retarded strain [39].

Slurry pipeline transport is widely used in many industrial applications. In a situation
where long distances of transportation are considered, predictions of heat exchange are
usually focused on friction losses, heat transfer coefficient, velocity, and temperature
distributions. Solving such a problem requires a proper physical model which includes
physical properties of solid and carrier liquid phases, solid concentration, regime of flow,
like homogeneous or heterogeneous, laminar or turbulent, rheological model, and boundary
conditions. If the solid phase is very fine, the slurry demonstrates a yield shear stress,
which increases with the increase in solid concentration. In such a case, it is quite common
that the damping of turbulence appears [40]. Bartosik [41] proposed a mathematical model
of heat transfer in turbulent flow of fine-dispersive slurry, including a specially designed
wall damping function. The mathematical model constitutes the continuity, momentum,
and energy equations. The closure problem was solved by taking into account the k-ε
turbulence model and the rheological model. The study was focused on developing a new
correlation of the Nusselt number for turbulent flow of fine dispersive slurry that exhibits
yield shear stress and damping of turbulence. The new correlation of the Nusselt number
includes Reynolds and Prandtl numbers, solid volume concentration, and dimensionless
yield shear stress. The mathematical model was solved numerically and validated for heat
transfer in carrier liquid flow only, as there are no data available for heat exchange in such
slurries. The study demonstrates substantial differences between the slurry and velocity
distributions at the pipe wall. The author concluded that for the same bulk velocity of
the slurry, the Nusselt number decreases with an increase in solid volume concentration,
and the highest rate of decrease in the Nusselt number is for a solid concentration below
10% by volume. The author noticed that more work needs to be done on examining the
new Nusselt number for solid volume concentrations below 10% and greater than 30%, for
different heat fluxes and pipe diameters [41].

3. Conclusions

Analyzing the papers contributed to the Special Issue, ‘Numerical Heat Transfer and
Fluid Flow’, one can say that all papers are applied to specific engineering problems. All
papers are encountered in fluid dynamics in machines, electronic packaging, chemical
processes, and other related areas of mechanical engineering.

The majority of the papers dealt with simulations. For this reason, the papers presented
physical models, which include major assumptions, physical properties of the flowing
medium, boundary, and initial conditions, and also mathematical models. Mathematical
models were formulated using conservation laws, such as the continuity, N-S, and energy
equations. Using the boundary and initial conditions, the authors formulated the set of
equations and solved them numerically, taking into account the convergence criteria and
ensuring a grid-independent solution. Part of the models have been validated in full,
while part have been validated in the limited scale. Some papers presented their own
experimental data.

Through these approaches, the readers can find a variety of physical and mathematical
models and can gain a better understanding of phenomena in the specific engineering
applications of heat transfer and/or fluid flow, including interpretation of computed and
measured results.
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