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Abstract: Process chromatography modelling for process development, design, and optimization as
well as process control has been under development for decades. Still, the discussion of scientific
potential and industrial applications needs is open to innovation. The discussion of next-generation
modelling approaches starting from Langmuirian to steric mass action and multilayer or thermo-
dynamic consistent real and ideal adsorption theory or colloidal particle adsorption approaches
is continued.
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1. Introduction

Chromatography modelling started in the 1980s and reached its main application
and boom especially for simulated moving bed enantiomer separations [1]. Equilibrium
phase description proved to be the most sensitive for technical operation in overloaded
regions [2,3].

Modelling has been focussed on process design and optimization to reduce experi-
mental efforts with regards to a fully experimental pilot plant operation [2]. Afterward,
ideas for process control came up [4–6]; even the first artificial neuronal networks (ANN)
approaches were proposed [7] and compared with fuzzy-logic methods, which was quite
fancy in those times, with regards to standard process control systems (PCS) [8]. These PCS
actions were not transferred in industrial applications as to our knowledge [9].

In process development and design, the most-often utilized approach for equilibrium
phase separation description is the Langmuir isotherm [10], which can be enlarged for ion
exchange, hydrophobic interaction, or mixed-mode resins of large protein-type molecules
to a steric-mass-action (SMA) model [11]. All modelling approaches have in common
a thermodynamic inconsistency. Therefore, some research was focussed on transferring
approaches from gas to liquid phase adsorption [12,13] and to gain thermodynamically
consistence [14–16]. Nevertheless, in daily project work, these more sophisticated models
were not applied due to numerical complexity and higher efforts of experimental parameter
determination. As of this day, SMA-based models are the gold standard with modifications
for all macro-molecular chromatography units [17].

Nevertheless, besides the broad and successful utilization in industrial project work,
due to efficiency the academic discussion, whether there are better—i.e., thermodynamically
consistent—model descriptions on hand, has to be allowed.

The analytical diluted operation regions have been described and even retentions
times predicted by many approaches such as [18–21] based on quantum mechanics and
molecular structures as well as experimental databases. Other approaches include the
Derajaguin–Landau–Verwey–Overbeck (DLVO) theory, which was able to predict retention
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times in diluted analytical mode [15]. In addition, the porous media structures with regards
to appropriate material design have been analysed and modelled in more detail [22–27].

Artificial neural network ANN and evolutionary algorithm machine learning tech-
niques do have a revival either for evaluation of high-throughput process development
(HTPD) data from titration robotics [28–30], process design [31] or automation via process
control [32].

Two recent papers deal with the phenomena in overloaded manufacturing opera-
tion conditions on the example of monoclonal antibody purification on ion-exchange
again [33,34]. Here, the colloidal particle adsorption (CPA) model is proposed as a solution
to map the course of manufacturing chromatograms, while stating that in typical manu-
facturing overloaded conditions the peak shape could not even be met with SMA-type
models. Focussing in this discussion on the appropriate description not on thermodynamic
consistence. In one of the latest works [34], it is claimed that CPA is the superior adsorption
model, as it enables peak fronting to be described, which SMA cannot.

Form daily project work, we have observed that Langmuir, as well as SMA isotherms,
are able to describe peak shoulders. This is why we have decided to examine this claim
and to evaluate them based on the data given in the above-mentioned publication.

2. Materials and Methods

To carry out the calculations needed to evaluate the mentioned claims, a lumped pore
diffusion model for chromatography was used [10,35,36]. This is the same model as is used
in [34]. The mass balance of the stationary phase for the lumped pore diffusion model
is [10]:

εp,i·
∂cp,i

∂t
+
(
1− εp,i

)
·∂qi

∂t
=

6
dP
· (1− εS)

εS
·ke f f ,i·

(
ci − cp,i

)
(1)

where εP,i is the porosity of the component, cP,i is the concentration of the component in
the pores, t is the time, qi is the loading, dP is the mean diameter of the resin particle, εS is
the voidage, ke f f ,i is the effective mass transport coefficient, and ci is the concentration in
the continuous phase.

Different approaches for the modelling of adsorption have been described by different
working groups [10,11,35,37,38]. In this study, adsorption is modelled using a steric-mass
action isotherm as well as a Langmuir isotherm [37,39]; see (2).

qi =
qmax,i·Keq,i·ci

1 + Keq,i·ci
(2)

Here, qmax, i is the maximum loading capacity of the component and Keq,i is the
Langmuir coefficient of the component. Keq,i and qmax, i are related by the Henry coefficient
Hi; see (3) [10]. Salt influence can be described by (4) and (5) defining a1, a2, b1, and b2 as
material constants [35,40].

qmax,i·Keq,i = Hi (3)

qmax,i = b1·cp,1 + b2 (4)

Hi = a1·cp,1
a2 (5)

To evaluate the claims made about the steric mass action model, Equations (2)–(5)
were substituted with the SMA isotherm for ion exchange chromatography [41].

qp,i

cp,i
= Ai ∗

(
1−

m

∑
j=1

qp,j

qmax
p,,j

)νi

(6)

Ai = K̃eq,i

(
Λ

zScS

)νi

(7)
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In this model Ai represents the initial slope of the isotherm if qp,i → 0. A comprises
of the equilibrium constant K̃eq,i. and the relation between the ligand density Λ, the salt ion
charge zs, and the salt concentration cs.

The mass transfer coefficient ke f f ,i is given by Equation (8). Here, k f ,i is the film mass
transfer coefficient, rp the particle radius, and Dp,i the pore diffusion coefficient.

ke f f ,i =
1

1/k f ,i + rp/Dp,i
(8)

Dp,i is calculated according to the correlation of Carta [42] and k f ,i according to Wilson
and Geanoplis [43].

3. Results

To examine this claim, we took a Langmuirian adsorption model as well as an SMA
model to describe the experimental chromatograms given (dashed lines right); see Figure 1b
from the original publication [34].
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Figure 1. Comparison of the Langmuirian adsorption model (a) with the data given in [34] (b). A 
similar course can be noted, especially at the shoulder (1) and the maximum (2). 

As a result, the Langmuir isotherm (left) is able to describe the same effects as the 
colloidal particle adsorption (right). To examine the adsorption behavior, the Langmuir 
isotherms at different salt concentrations are given in Figure 2. 
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Figure 1. Comparison of the Langmuirian adsorption model (a) with the data given in [34] (b). A
similar course can be noted, especially at the shoulder (1) and the maximum (2).

As a result, the Langmuir isotherm (left) is able to describe the same effects as the
colloidal particle adsorption (right). To examine the adsorption behavior, the Langmuir
isotherms at different salt concentrations are given in Figure 2.
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The parameters obtained result in a concave Langmuir isotherm for 0 M modifier
concentration and convex runs for higher salt concentrations, which is a result of the
positive incline of qmax over the salt concentration in conjunction with the sharp drop in
the Henry coefficient, plotted in Figure 3 for visualization.
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Figure 3. Salt dependency of the Henry coefficient (a) and the maximum loading capacity for the
Langmuir isotherm (b).

While the course of the Henry coefficient is typical, the increase in maximum loading
capacity helps to depict the change from a concave to a convex shape as Keq is the major
influence in low concentration regions; see Equations (2) and (3).

This helps to describe the elution behavior of the protein; however, it suggests an
unrealistic behavior outside of the standard working range, as the maximum loading
capacity increases indefinitely with a higher salt concentration.

Trying to describe the Langmuir isotherm family using an SMA isotherm approach, it
can be seen that the SMA parameters are able to describe the concave–convex change, but
do not show the same unrealistic behavior for higher salt concentrations, as the maximum
loading capacity is not increased with higher salt concentrations. This effect is depicted
in Figure 4. Here, the SMA approach results are summarized as a comparison to the
Langmuirian dataset.
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Therefore, it could be proven that the behavior of the Langmuir isotherm, which leads
to the shoulder observed in the experimental data (see Figure 1b), can be emulated using
the SMA model. When modelling the chromatography with SMA parameters determined
via a least square error estimation scheme, the experimentally obtained data can be simu-
lated quite accurately. These SMA simulation results using the test chromatogram from
publication [34] are compared in Figure 5.
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Figure 5. Chromatogram comparison of experimental data from [33] (dashed) with SMA model
simulation (solid line).

This proves that an SMA isotherm is able to depict the shoulder of the overloaded
chromatogram quite well. Experimental data are calculated accurately with R2 = 99.6%. It
could even be stated that the fit is quite a bit better than the CPA data shown.

Moreover, the SMA approach q over c isotherm diagram show the same shift from a
classical Langmuir isotherm to an anti-Langmuirian course for higher salt concentrations
as shown in Figure 6.
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4. Discussion

Thermodynamic consistency is needed, but the prediction of mixture behaviour from
single component data is in most technical cases experimentally not feasible or inefficient
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as only mixtures are at first available. However, the appropriate prediction of separation
performance in overlapping and highly loaded conditions within a broad operation range
is needed. In process control, the calculation speed for set-point parameter optimization
and the ability to be adopted easily to any operational parameter shifts with the aid of
detector signals is dominating. Following the regulatory demanded quality-by-design
approach, the model accuracy and precision have to be proven distinctly. If magnitudes
of about 1000 over the full range of equally distributed datasets are not experimentally or
operational available, then physical–chemical-based rigorous process models are capable
of training machine learning algorithms well. In this context, process models gain new
application hype as digital twins.

The SMA approach is able to describe even overloaded preparative/technical chro-
matography peak shapes well. This is supported by the fact that the model parameter
values are all in typical realistic ranges and, moreover, that the experimental procedure for
a consistent model parameter determination for the SMA approach is straightforward.

In this case, a simple parameter determination by, e.g., numerical estimation routines
such as the minimization of the sum of least-square errors between a simulated and experi-
mental chromatogram does work well without prior parameter estimation or additional
experiments. As for the timeline, a few hours of work based only on one chromatogram
leads to a sufficient description of the underlying thermodynamic system.

Moreover, when following the necessity for validation of the data due to accuracy
and precision distinctly [44] for quantitative process predictions as needed in regulated
industries and especially manufacturing conditions, the typical range of SMA parameter
values is able to predict with sufficient validity due to pre-existing studies [36].

Author Contributions: Conceptualization, J.S.; methodology, F.L.V. and J.S.; calculations, F.L.V.;
writing, editing, and reviewing, F.L.V. and J.S.; supervision, J.S. All authors have read and agreed to
the published version of the manuscript.

Funding: This research received no external funding. We kindly acknowledge the support of Open
Access Publishing Fund of the Clausthal University of Technology.

Data Availability Statement: Data cannot be made publicly available.
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of the study, in the collection, analyses or interpretation of data; in the writing of the manuscript or in
the decision to publish the results.
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